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Anomaly detection has a myriad of real-world applications such as intrusion dectection, fraud detection, or discovering unknowing diseases. With the ability to learn and
approximate the density of input features, deep generative models are widely viewed to
be able to detect outliers. However, recent works have demonstrated that certain deep
generative models, such as flowed-based models, VAEs ([6]), and PixelCNNs ([13]) often
assign a higher likelihood to dataset that differ from the one upon which the models were
trained [11, 4]. For example, model trained on CIFAR-10 ([7]) and FashionMNIST ([14])
assign higher likelihood to out-of-distribution test datasets SVHN ([12]) and MNIST ([8])
respectively.
To investigate this peculiar phenomenon, we choose VAEs model specifically to
replicate the experiment. Surprisingly, the phenomenon can only be observed in model
trained on CIFAR-10 and tested on SVHN but not for the model trained on FashionMNIST
and tested on MNIST.
We also study two proposed solution seeking to address the strange problem without having to provide a directed supervision such as giving the neural networks a means
of assigning anomaly score to input [3, 9, 10].

We trained a VAE model architecture on FashionMNIST and CIFAR-10. We then caluculated
the value of ELBO, which approximate the log-likelihood, of the two test datasets with the same
dimensionality - MNIST and SVHN respectively. It is expected that the models assign a higher
probablity to this test data, although they were not trained on it, as shown in [11]. However, our
model successfully learn to assign lower probability to outlier test dataset MNIST on a FashionMNIST
trained model (Figure 2a). The strange behaviour only persists for the CIFAR-10 vs SVHN case
(Figure 2b). We believe one of the reasons leading to this phenomenon with CIFAR-10 and SVHN
dataset is, and also pointed out in [11], that both these two datasets have roughly the same mean
but SVHN has a smaller variance, which resulting in having a higher likelihood.

We have shown that with our proposed architecture, VAE model can recognize
outlier test dataset MNIST when trained on FashionMNIST as opposed to its failure in
[11]. However, we agree with [11] that the peculiar phenomenon can still be observed
when testing out-of-distribution test data SVHN against a CIFAR-10 trained model. Because of this unstable performance, it is recommended that we should be cautious when
using these models with potential out-of-distribution inputs. Moreover, we suggest trying to use forward KL instead of reverse KL for variational inference in VAEs models.
Although we have not been able to implement this empirically due to time constraints,
we believe the strange out-of-distribution phenomenon in VAEs might be alleviated by
following this direction.
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Background
We begin by briefly reviewing the definition of VAEs models. We assume our
training data x is generated from a latent representation z that follows distribution p(z)
(usually a standard Gaussian is used). Thus, our training data is sampled from distribution
p(x|z). We are interested in finding the parameter θ that make our model approximating to
the true but unknown data distribution p(x|z). This is equivalent to finding θ that maximise
the likelihood of reconstructing training data:

Z
pθ (x) =

b)
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Fig. 2: Histogram of VAE ELBO values for FashionMNIST vs MNIST (a), CIFAR-10 vs SVHN (b).
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However, computation of this equation is intractable, therefore, require the use of approximation techniques such as variational inference. In addition to decoder network
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where equality holds iff qφ(z|x) ≡ pθ (z|x). Our objective is to train the encoder and
decoder neural networks parameterized by φ and θ respectively to maximize the lower
bound. By maximizing this lower bound function, the first term of the right-hand-side of
Eq.(1) maximize the likelihood of original input being reconstructed, while the second term
make the approximate posterior qφ(z|x) close to prior pθ (z), standard normal distribution.
In addition, the reparametrization trick is used to reduce the variance of the gradient
estimate.
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Since the expectation is under the target distribution p, we can not compute the forward KL divergence KL(p||q) exactly. However, with simple rearrangement, we can make the expectation in Eq.2
under the approximated distribution q as follows:
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In addition, [5] pointed out that Eq.3 can be approximated, resulting in variational inference can be
trained using forward KL. We, therefore, believe that using forward KL instead of reverse KL in VAEs
may help mitigate the out-of-distribution phenomenon.
Fig. 1: Diagram of a VAE model, adopted from [1]
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